Crawley-Boevey [1] introduced the definition of a noncommutative Poisson structure on an associative algebra A that extends the notion of the usual Poisson bracket. Let (V, ω) be a symplectic manifold and G be a finite group of symplectimorphisms of V . Consider the twisted group algebra A = C[V ]#G. We produce a counterexample to prove that it is not always possible to define a noncommutative poisson structure on
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It is proved in [4] that
where g i is an arbitrary element of C i and G g = {h ∈ G|gh = hg}. The first summand is precisely
G ; and we want to extend it to a larger family. The following Lemma restricts the possibilities.
Therefore if the action of G on V is faithful and g = 1, the g-part of the derivative an element of C [V ] g is zero. This implies that for every
The only terms that must be taken into account are
we want a Poisson structure extending the usual Poisson bracket on C[V ]
G . Therefore a neccesary condition for the existance of the Poisson structure is the existance of σ φ,g ∈ C[V ] so that
for every ψ ∈ C[V ]. We well see that this is not always possible.
Let V = C 4 with linear coordinates {x 1 , x 2 , x 3 , x 4 } and the symplectic form 
. Let e, b, c be the generators of the three copies of Z 2 (in that order). G acts on V as follows: b and c act as diag (−1, −1, 1, 1)  and diag(1, 1, −1, −1) , respectively, on {x 1 , x 2 , x 3 , x 4 } and e interchanges x 1 ↔ x 3 , x 2 ↔ x 4 . Using Magma (http://magma.maths.usyd.edu.au) we find that the ring of invariant polynomials is generated, as an algebra, by
x 3 x 4 ; with relations
Proposition 2. The Poisson bracket on C[V ]
G cannot be extended to a Poisson structure on C[V ]#G for V and G as defined above. 
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